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Abstract
The best distributed algorithm for solving maximal independent set (MIS) problem for general
graphs uses O(log n) rounds. The lower bound for any algorithm for maximal independent set in the local
congest model is O(Δ + log* n) rounds.
In this paper, we want to improve the bounds for computing MIS using the widely used standard
model (called the congest model) to study distributed algorithms.
We study the problem in the case of coordinated graphs, which are undirected graphs constructed
by adding a new vertex (called coordinator) to graphs and edges from it to all the vertices. Initially each
node has limited knowledge about the graph. The goal is to compute a MIS in the core subgraph G in the
distributed congest model with minimum number of communication rounds. The coordinator vertex may
assist to achieve a fast computation.
A fundamental constraint in distributed systems is the cost of sending messages to other nodes. We
assume that the communication occurs in synchronous rounds, i.e., nodes run at the same processing speed
and any message that is sent by some node v to its neighbors in some round r will be received at the end of
r. To ensure scalability, we restrict the number of bits that are processed and sent per round by each node
to be polylogarithmic in n, the network size. Note that the computation that is performed by the nodes
locally is ‘free’, i.e., it does not affect the number of rounds.
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Motivation
Maximal independent set problem plays a very important role in distributed computing, being one
of the very first problem in the case of studying distributed algorithms. Moreover, it still remained one of
the most studied problem in the last decades due to its many applications in symmetry breaking [1].
Designing new distributed algorithms, which will prove their efficiency focusing on running time,
to improve the bounds for computing MIS still represents a very good research topic.
Methodology of Research
In this paper we study the MIS problem in the case of coordinated graphs. Next, we give the
definition of a coordinate graph. Given an undirected graph G = (V, E) with |V| = n and |E| = m, a
coordinated graph G’ is constructed by adding a new vertex x to V (called coordinator) and edges from x
to all the vertices in V. That is, G’ = (V ∪ {x}, E ∪ {(x,v) : v ∈ V}). We call the graph G as core subgraph
of G’.
Further, we give the definition of a maximal independent set. Given a graph G = (V, E), an
independent set M ⊆ V is a subset of the vertices such that ∀ x, y ∈ M, (x, y) ∉ E. M is maximal if there
does not exists a vertex v ∈ V – M such that M ∪ {v} is an independent set.
Given a coordinated graph G’, the problem is to find a maximal independent set in the core
subgraph G in the distributed congest model. In the end, each vertex in G outputs whether it’s in the MIS
or not.
The goal is to compute MIS with minimum number of communication rounds, where the
coordinator vertex may assist to achieve a fast computation.
To do so, we design and then, implement and test some distributed algorithms.

Results and Comparison with State-of-the-art
As previously said, in the last decades the problem related to the maximal independent set was
studied by many researchers [1, 2, 3, 7, 8, 9]. We refer to [6] for a thorough review of the state-of-the-art.
In this paper, we design an algorithm that computes the MIS using BFS search. To do so, we first
design an algorithm that computes a spanning tree (T) from the root node in O(log n) rounds.
Secondly, we design an algorithm that computes BFS tree in O(log n) rounds. We apply the
previous algorithm to compute the spanning tree of G. After every node sends their parent node to the
coordinator, the last one chooses one node v as the root, assign v as level 0, then level 1 to the neighbors of
v in the spanning tree T, then level 2 to the two-hop neighbors of v in T and so on. Note that the coordinator
can assign the level locally as it has the complete structure of T. The coordinator sends the corresponding
level number to all the nodes. Root node v starts from round 0. At every round each node u broadcasts its
level to all neighbors in the original graph G. Then every node updates their parent node choosing the lowest
level node in their neighbor in G (if such lower level neighbor exists). This way u chooses a parent node
closer to the root than its earlier parent. The coordinator computes a new BFS tree using all the edges it
received so far and then, it transmits the updated levels to the nodes of G.
Finally, capitalizing algorithms explained previously we design an algorithm, recursive and
informally, that computes MIS in … rounds.
To present the algorithm, we make the following two observations. First, the MIS in a coordinated
graph can be computed in O(Δ), where Δ is the maximum degree. Second, the MIS in any graph G (with or
without a coordinator node) can be computed in O(D), where D is the diameter of G.
If the maximum degree in G is O(log n) we compute the MIS using the first observation and the
algorithm stops. Then, we apply the previous algorithm to compute BFS tree in O(log n) rounds. If the
depth D of the BFS tree is O(log n), we compute the MIS using the second observation and the algorithm
stops. Then, since the sets of the vertices at odd levels and at even levels of the BFS tree, are independent,
we first compute, recursively in parallel the MIS for each set of vertices at the even level, remove their
neighbors, and then compute the MIS similarly for the remaining vertices at odd levels.
Conclusions
Studying the problem in the case of coordinated graphs and using the distributed congest model [4,
5] may help to achieve a fast computation which may also lead to improve the bounds for computing MIS.
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